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ABSTRACT
A hyperbaric aerodynamic levitator has been developed for containerless materials research at specimen temperatures exceeding 2000 ○C and
pressures up to 10.3 MPa (1500 psi). This report describes the prototype instrument design and observations of the influence of specimen size,
density, pressure, and flow rate on levitation behavior. The effect of pressure on heat transfer was also assessed by studying the heating and
cooling behavior of levitated Al2O3 liquids. A threefold increase in the convective heat transfer coefficient was estimated as pressure increased
to 10.3 MPa. The results demonstrate that hyperbaric aerodynamic levitation is a promising technique for containerless materials research at
high gas pressures.

Published under an exclusive license by AIP Publishing. https://doi.org/10.1063/5.0148455

I. INTRODUCTION

Levitators are useful for studying solidification and vitrifica-
tion phenomena of ubiquitous importance to materials that undergo
solid-liquid phase transitions during their natural history or in
industrial processing, and, consequently, levitators boast a strong
legacy of materials discovery breakthroughs.1–4 Researchers have
used levitators to synthesize and study some of the earliest known
examples of ultra-high purity semiconductors5,6 and bulk metallic
glasses.7 Levitators have enabled advances in fundamental science
by providing direct evidence of liquid–liquid phase transitions8–11

and by elucidating the high temperature structural chemistry of cor-
rosive and hazardous materials.12,13 Levitators serve as sample envi-
ronments for synchrotron beamlines for the acquisition of atomic
structure data while simultaneously probing structural chemistry via
high energy x-ray scattering techniques.3,14–20

Levitators can attain specimen temperatures of 2000 ○C or
greater using directed energy sources such as lasers, including
continuous wave CO2 lasers (CW CO2), electron beams, electro-
magnetic inductive coupling, or combinations thereof. Ambient
environments in standard levitators vary from high vacuum to
near-atmospheric pressures depending on the requirements of the

selected levitation and heating methods and instrument design limi-
tations. For example, maintaining surface charge on electrostatically
levitated specimens normally requires the use of vacuum environ-
ments, making the technique incompatible with use at elevated
pressures. Other levitation techniques, such as electromagnetic levi-
tation, acoustic levitation, and aerodynamic levitation, do not share
this intrinsic incompatibility, though instrument designs supporting
high pressure operation have not been widely available. However,
a small number of special purpose levitators capable of hyper-
baric operation (i.e., operating at greater than normal atmospheric
pressure) have been reported, as summarized in Table I.

Hyperbaric levitators employing the acoustic principle of levi-
tation are limited by the maximum operating transducer tempera-
ture, restricting their use to low-to-intermediate specimen tempera-
tures (as in the cases of the chamber heating design22 and prototype
laser-heated acoustic levitator21) or to short heating durations (as in
the case of the pulsed laser-heated design23,24). Pulse-heating tech-
niques can attain extreme specimen temperatures, although short
(ms) heating times limit the types of measurements that can be
made. Hyperbaric levitators employing other techniques such as
buoyant levitation or electromagnetic levitation are inherently lim-
ited by specimen properties, being restricted to specimens having

Rev. Sci. Instrum. 94, 053903 (2023); doi: 10.1063/5.0148455 94, 053903-1

Published under an exclusive license by AIP Publishing

D
ow

nloaded from
 http://pubs.aip.org/aip/rsi/article-pdf/doi/10.1063/5.0148455/17670320/053903_1_5.0148455.pdf

https://scitation.org/journal/rsi
https://doi.org/10.1063/5.0148455
https://www.scitation.org/action/showCitFormats?type=show&doi=10.1063/5.0148455
https://crossmark.crossref.org/dialog/?doi=10.1063/5.0148455&domain=pdf&date_stamp=2023-May-19
https://doi.org/10.1063/5.0148455
https://orcid.org/0009-0005-5156-4783
https://orcid.org/0000-0003-4674-7049
https://orcid.org/0009-0004-0229-4978
https://orcid.org/0009-0009-6932-8171
https://orcid.org/0009-0002-8821-3504
https://orcid.org/0000-0002-2145-1279
https://orcid.org/0000-0002-4557-6690
mailto:Lipke@mst.edu
https://doi.org/10.1063/5.0148455


Review of
Scientific Instruments ARTICLE scitation.org/journal/rsi

TABLE I. Overview of hyperbaric levitators used for containerless materials research.

Principle of levitation Heating source Max. specimen temperature (○C) Max. operating pressure (MPa) References

Acoustic Laser (CW CO2) 1300 0.9 21
Acoustic Jacketed chamber 180 20 22
Acoustic Laser (pulsed CO2) 5000 30 23 and 24
Aerodynamic Laser (CW CO2) 2200 10.3 This work
Hybrid aerodynamic Laser (CW CO2) 2000 1 17 and 25
electrostatic
Buoyant Radiant heater (HIP) 1800 200 26
Electrostatic Laser (CW CO2) 2700 0.3 27
Electromagnetic Induction 1600 10 28
Electromagnetic Induction 1900 5 29

low densities or high electrical conductivities, respectively. The prin-
ciple of aerodynamic levitation is not inherently limited by specimen
properties and is theoretically compatible with pressurized envi-
ronments, although hyperbaric aerodynamic levitators capable of
operation at pressures much above 1 MPa (10 bars) have not been
demonstrated prior to this work.4,17,25

Containerless experimentation at high gas pressures confers
two primary benefits. First, pressurized systems are known to
suppress volatilization. For example, when limited by mass trans-
port through an external boundary layer, evaporation rates are
proportional to 1/

√
P up to a critical pressure on the order of

1–100 MPa.30,31 With reduced volatile losses, specimen composi-
tion can be better preserved. Specimens may also be observed for
longer durations, enabling measurements of the properties and/or
structural chemistry of highly volatile materials. Second, reactive gas
pressures possess increased chemical potentials Δμi = RT ln fi/ f ○i ,
where i is a reactive species (e.g., oxygen or nitrogen) whose magni-
tude may attain ∼100 kJ/mol at elevated temperatures. This increase
in chemical potential can dramatically affect phase equilibria, a fact
that has been exploited to synthesize new compounds using elevated
pressure crystal growth, surface heating, and/or melting.32–42

This work describes the design and performance characteris-
tics of a prototype hyperbaric aerodynamic levitator for contain-
erless materials research. The levitation behaviors of two series of
spherical specimens of varying sizes and densities were studied
as functions of pressure and flow rate. Additionally, the effect of
pressure on heat transfer was assessed by comparing the heating
and cooling behaviors of levitated liquid Al2O3 at pressures up to
10.3 MPa.

II. INSTRUMENT DESCRIPTION
The hyperbaric aerodynamic levitator shown in Fig. 1 com-

prises four major components: a pressure vessel; a diamond window
for CO2 laser admittance; a converging-diverging conical nozzle;
and pressurized fluid handling systems. System components and
controls were carefully engineered for safe operation. The pressure
vessel (Encole LLC, San Jose, CA, USA) consists of a machined bil-
let of 7075-T6 aluminum featuring a vertical through-bore, multiple
ports, and internal water-cooling passages. Finite element simula-
tions were conducted to design the pressure vessel for a maximum

FIG. 1. Schematic of prototype hyperbaric aerodynamic levitator integrated with a
CO2 laser. Abbreviations: mass flow controllers (MFCs), back pressure regulator
(BPR), pressure relief valve (PRV).

internal pressure of 17.2 MPa (2500 psi) with a safety factor of four.
A pressure-relief valve and burst disk were installed on the outlet
and inlet sides of the pressure vessel, respectively. As an additional
engineering control, operators were in a separate room from the
hyperbaric levitator. The electronic backpressure regulator and mass
flow controllers were operated via a computer interface with remote
displays.

The converging-diverging levitation nozzle features conical
semi-angles of 30○–60○ intersecting at a cylindrical orifice whose
diameter may vary from 0.5 to 2 mm.20 The nozzle was vertically
installed and sealed onto the pressure vessel with an SAE thread
identical to that used for the sight glasses. The shallow conical noz-
zle design allowed for about half of the levitated specimen volume
to be visible above the top of the nozzle as viewed from the horizon-
tal sight glasses. During levitation experiments, the specimen was
remotely viewed via a camera (acA150-uc, Basler) equipped with a
1.0X f/6-f/25 telecentric lens (Edmund Optics, Inc.) using a white
LED backlight. The optical configuration provided a spatial resolu-
tion of 4.8 × 4.8 μm2/pixel, and videos were recorded with a frame
rate of 150 fps. Levitation stability, as indicated by the vertical dis-
placement of the top of the sphere, was measured using motion
tracking software (ProAnalyst, Xcitex Inc.).
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A pair of mass flow controllers (SLA5850 Series, Brooks Instru-
ment) independently provided pressurized fluid to the levitation
nozzle (maximum volumetric flow rate Q = 5.0 standard liters per
minute or SLM) and as a purge flow across the diamond window
to abate deposit formation (max. Q = 0.5 SLM). Pressure within
the chamber was controlled using an electronic backpressure regu-
lator (SLA5820 Series, Brooks Instrument) located downstream of
the pressure vessel outlet. During a typical levitation experiment,
the purge flow was maintained at a constant 0.5 SLM until the sys-
tem attained the ambient pressure setpoint. Flow through the conical
nozzle was then increased until the maximum flow rate was attained
or instabilities in the specimen position presenting as a lateral move-
ment were observed. Subsequently, levitation height was recorded at
different flow rates stepping down in increments of 0.1 SLM until
the sphere no longer displayed stable levitation. In this investiga-
tion, two series of levitation experiments were conducted: aluminum
spheres of varying diameter (2.529, 3.048, 3.575, or 3.979 mm) and
3 mm diameter spheres made from materials of varying density [alu-
minum: 2.71 g/cm3, alumina (Al2O3): 3.95 g/cm3, yttria-stabilized
zirconia (YSZ): 6.00 g/cm3, or type 302 stainless steel (SS302):
7.93 g/cm3].

A custom sight glass featuring a 1.3 mm thick × 10 mm clear
aperture diamond window (Element Six Technologies, Santa Clara,
CA, USA) encased in an SAE-12 fitting made from 17-4PH steel
(Encole, LLC). All sight glass housings featured SAE threads coated
with WS2 in accordance with AMS2530 to prevent galling dur-
ing frequent disassembly. The diamond window provides excellent
transmission for the 10.6 μm wavelength CW CO2 laser (400 W
Synrad Firestar i401, Novanta Photonics) used as a heating source
in these studies. Diamond is an ideal material for this purpose,
given its excellent thermal conductivity and high strength as com-
pared to traditional CO2 laser window materials such as ZnSe.
In this work, the diamond window was uncoated; consequently,
approximately one-third of incident laser energy was lost due to
Fresnel reflections (i.e., diamond has an index of refraction of
2.376 at 10.6 μm).

III. HYPERBARIC AERODYNAMIC LEVITATION
Figure 2 shows the effect of volumetric flow rate Q on the

stable levitation height of the specimen Z normalized to its dia-
meter d at selected absolute pressures of 3.45 MPa (corresponding
to a nitrogen density of 55.5 kg/m3) and 10.3 MPa (correspond-
ing to a nitrogen density of 166.6 kg/m3). From the available data,
it is recognized that Z/d increases with Q (at a fixed pressure
and specimen density) and decreases with specimen density (at a
fixed pressure and flow rate). Deviations from these trends are dis-
cernible. For example, an increase in Z/d when Q approaches 3.0
SLM at 10.3 MPa is observed for the 2.529, 3.048, and 3.575 mm
diameter aluminum spheres that is not seen for the larger dia-
meter aluminum spheres. Similarly, an increase in Z/d when Q
approaches 3.0 SLM at 10.3 MPa is observed for the 3.000 mm dia-
meter aluminum sphere, but not for this same sphere at 3.45 MPa
or for 3.000 mm diameter spheres made from denser materials at
either pressure. These results suggest that a change in drag force
occurs across this flow rate regime whose magnitude is sufficient
to displace the stable levitation position of relatively lightweight
specimens.

To better understand observed trends, fluid mechanics rela-
tions were used to calculate drag force for varying experimental
conditions. A necessary condition for aerodynamic levitation is
given by the force balance,

∑Fz = 0 = Fd + F∇P + Fb − Fg ≅ Fd − Fw, (1)

where Fd is the drag force, F∇P is the pressure gradient force, Fb
is the buoyant force, F g is the force of gravity, and Fw = F g − Fb is
the buoyant weight of the sphere. The buoyant weight must, there-
fore, be offset by the sum of the drag force and pressure gradient
force. For clarity, herein, we neglect the pressure gradient force, as
it is assumed the full pressure drop of the fluid jet occurs within the
nozzle orifice (a detailed simulation would be needed to confirm this
assumption).

The buoyant weight of a spherical specimen can be expressed in
terms of specimen size (d), specimen density (ρs), fluid density (ρ),
and acceleration due to gravity (g) as

Fw =
1
6

πd3(ρs − ρ)g. (2)

The drag force can be expressed as the product of the drag coefficient
Cd, specimen area, and dynamic pressure,

Fd = Cd ⋅
1
2

ρ(πd2

4
)v2. (3)

In Eq. (3), velocity v is not singularly valued but rather varies with
axial position as the flow diverges from the conical nozzle exit. The
axial flow velocity can be taken to be inversely proportional to the
vertical distance from the jet source,43 or

v2 = (A
Z
)

2
, (4)

where A is a constant of dimensions length × velocity. Substitution
of (4) into (3) yields

Fd = Cd ⋅
1
8

πρ
A2

( Z
d )

2 . (5)

The constant A can be determined by the conservation of momen-
tum flux by assuming the jet momentum J crossing any longitudinal
surface located at a distance Z away from the jet source is constant.
The jet momentum at the nozzle exit, Jnozzle, is, therefore, related to
the constant A by the expression43

Jnozzle =
1
2

ρ(πD2

4
)v2

nozzle = πρA2β2, (6)

where β is the cone angle of the jet, here assumed to be the same as
the nozzle, and D is the diameter of the nozzle orifice. Re-arranging,
the constant A is given by

A2 = v2
nozzleD2

8β2 . (7)
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FIG. 2. Relative stable levitation position (Z/d) vs volumetric flow rate (SLM) for experimental series varying (a) diameter for Al specimens and (b) material
[aluminum: 2.71 g/cm3, alumina (Al2O3): 3.95 g/cm3, yttria-stabilized zirconia (YSZ): 6.00 g/cm3, or type 302 stainless steel (SS302): 7.93 g/cm3] for 3.000 mm diameter
spheres.

FIG. 3. Computed drag coefficients for Al specimens with diameters of (a) 2.529 mm, (b) 3.048 mm, (c) 3.575 mm, and (d) 3.979 mm as a function of volumetric flow rate.
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The nozzle velocity can be expressed in terms of the experimental
parameters of volumetric flow rate (Q), fluid density, and nozzle
cross-sectional area,

vnozzle =
Q

ρ( πD2

4 )
. (8)

Substitution of (8) into (7) yields

A2 = 2Q2

π2ρ2D2β2 . (9)

Finally, substitution of (9) into (5) and equating to (2) yields the
following expression for drag coefficient upon simplification and
re-arrangement:

Cd =
2π2( Z

d )
2d3(ρs − ρ)gρD2β2

3Q2 . (10)

Evaluating expression (10) using observed relative levitation
heights as functions of flow rate and fluid density (i.e., pres-

sure) yields computed drag coefficient values as shown in Figs. 3
and 4.

Figures 3 and 4 illustrate the occurrence of two drag coeffi-
cient regimes: a primary trendline onto which most observations
fall and a secondary trendline that reflects the change in relative
levitation height for lightweight samples (i.e., small size and/or low
density) at moderate flow rates and high pressures. Highlighted pres-
sure series correspond to the minimum and maximum pressures
employed in this work, a selected common trend for comparison,
and, where applicable, the pressure at which deviation in the trends
first appears, while additional measured data series are grayed out
for the sake of clarity. For example, Fig. 3(a) shows a jump in com-
puted Cd values near 3.0 SLM for pressures exceeding 8.96 MPa.
Observations fall on secondary trendlines for similar flow rates start-
ing at pressures of 5.52 and 4.14 MPa, as shown respectively in
Figs. 3(b) and 3(c), with increasing specimen diameter. The tran-
sitional nature of these drag coefficient regimes is captured in the
highlighted pressure series at 5.52 MPa in Figs. 3(b) and 3(c), where
the calculated Cd deviates from the primary trendline up to the sec-
ondary trendline before returning to the primary trendline at higher
flow rates.

FIG. 4. Computed drag coefficients for 3.000 mm diameter Al specimens made from (a) Al, (b) Al2O3, (c) YSZ, and (d) SS302 as a function of volumetric flow rate.
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FIG. 5. Best fit α values for trends illustrated in Figs. 3 and 4 for the varying specimen (a) size and (b) material at pressures ranging from atmospheric to 10.3 MPa.

An alternative means to identify the onset of the secondary
trendline employs a semi-empirical dimensionless scaling relation
to describe the suspension of spheres in turbulent jets,

(Cd

3
)

1/2
Fr(ρs

ρ
)
−1/2
( d

D
)
−3/2
= ( Z

D
)

1/α
, (11)

where Fr is the Froude number (Fr = v/√Dg).44,45 This expression
was used to numerically fit the free parameter α using the data from
Figs. 3 and 4, as summarized in Fig. 5:

As shown in Fig. 5, the secondary trendline for lightweight
specimens features a statistically different exponential dependence
on experimental parameters as compared to the primary trend-
line. The origin of this difference is not well understood but
is speculated to relate to wake turbulence transitions like those
reported for spheres in comparable Reynolds and Froude number
regimes.46

The effect of fluid density was also evaluated by comparing
hyperbaric aerodynamic levitation behavior in nitrogen vs argon as
a function of pressure. Figure 6 illustrates the levitation of 3.000 mm
Al2O3 spheres at 3.45 MPa (Ar: 55.5 kg/m3, N2: 39.8 kg/m3) and
10.3 MPa (Ar: 166.6 kg/m3, N2: 118.7 kg/m3). At each pressure, the
heavier fluid imparts more momentum to the sphere, resulting in
a higher relative levitation height. As pressure increases and, con-
sequently, flow velocity decreases at any given flow rate, relative
levitation heights decrease for both fluids.

IV. HEAT TRANSFER IN DENSE FLUIDIZING MEDIA
A levitated 3.000 mm Al2O3 sphere was melted with a 400 W

CO2 laser at atmospheric pressure, 2.07, 4.14, 6.21, 8.27, and
10.3 MPa nitrogen to assess the effect of pressure on heat transfer
characteristics. Levitation trials were conducted with a constant vol-
umetric flow rate of 1.5 SLM at ambient pressures up to 4.14 MPa
and a constant volumetric flow rate of 3.5 SLM for ambient pres-
sures from 6.21 to 10.3 MPa, with flow rates selected to maximize
specimen stability during heating.

FIG. 6. Relative stable levitation height vs volumetric flow rate for a 3.000 mm
Al2O3 sphere using argon or nitrogen as levitation fluid at selected pressures of
3.45 and 10.3 MPa.

Figure 7 shows the molten Al2O3 sphere levitated at atmo-
spheric pressure and 10.3 MPa. At elevated pressures, the increased
fluid density apparently leads to a concomitant change in the
fluid refractive index, thereby allowing the turbulent flow struc-
ture to be visualized. Figure 8 shows cooling curves for the
3.000 mm Al2O3 sphere as measured by optical pyrometry (IR-
CAS, Chino Corp.). Reported apparent temperatures are uncor-
rected for effects of view factor, specimen emissivity, or window
absorption.

Convective heat transfer coefficients h were calculated from
cooling curve data by fitting the following convection-radiation heat
equation:

ρscp(
πd3

6
)dT

dt
+ πd2[h(T − T∞) + εσ(T4 − T4

∞)] = 0. (12)

Calculations assumed a specimen emissivity of ε = 0.9, a con-
stant sample density, and utilized reported literature values for
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FIG. 7. Aerodynamically levitated molten Al2O3 droplet (initially a 3.000 mm dia-
meter sphere) at (a) atmospheric pressure and (Multimedia available online). (b)
at 10.3 MPa. At atmospheric pressure, a reflection of the sample on a window
surface is clearly visible. At high pressure, strong convection results in a turbulent
wake pattern in the fluid above the hot sample as well as blurring of the image
(Multimedia available online).

FIG. 8. Cooling curves of levitated Al2O3 liquids as recorded by optical pyrometry
as a function of nitrogen pressure.

temperature-dependent heat capacity. The resulting values are sum-
marized in Table II, where the convective heat transfer coefficient is
shown to increase threefold as pressure increased from atmospheric
pressure to 10.3 MPa.

The convective-radiative heat balance can be used to estimate
the maximum attainable specimen temperatures as a function of
absorbed laser energy and specimen surface area. Figure 9 shows
calculated equilibrium temperatures using estimated heat trans-
fer coefficients for atmospheric pressure aerodynamic levitation

TABLE II. Convective heat transfer coefficient calculated from cooling curve data for
a 3.000 mm Al2O3 sphere at varying MPa pressures.

Pressure (MPa) h (W/m2 K)

Atmospheric 300 ± 200
2.07 500 ± 300
4.14 500 ± 200
6.21 700 ± 200
8.27 700 ± 200
10.3 900 ± 200

FIG. 9. Calculated equilibrium temperature vs specimen size using the heat bal-
ance equation shown. E is the output laser power (150 W) and h is the convective
heat transfer coefficient (solid lines: 900 W/m2 K, dashed lines: 300 W/m2 K).

(dashed) and hyperbaric aerodynamic levitation (solid). Assuming a
constant 150 W output laser power and a total hemispherical emis-
sivity of 0.9, specimen temperatures above 2100 ○C should be attain-
able for 3.0 mm specimens with absorptivity values greater than
0.6 at 10.6 μm. To attain higher specimen temperatures, additional
laser energy must be delivered to the sample, which can likely be
achieved via a combination of optimization of beam delivery optics,
the use of anti-reflective coatings on the diamond window used for
laser admittance, or increasing output laser power.

Concordant with increased convective heat losses, the addi-
tional laser power was required to melt the specimen. Figure 10
compares the laser power necessary to overcome convective heat
losses for atmospheric pressure aerodynamic levitation vs hyper-
baric aerodynamic levitation at 10.3 MPa by plotting measured
apparent temperatures sampled every 62 ms as laser power was
continuously increased until melting was attained. An increase of
∼15% of the maximum laser power, corresponding to an addi-
tional 60 W, was required to attain molten Al2O3 at 10.3 MPa.
This represents a modest increase relative to the total laser power

FIG. 10. Apparent temperature vs output laser power necessary to attain melting
of a 3.000 mm Al2O3 sphere in nitrogen at atmospheric pressure and at 10.3 MPa.
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available, indicating that materials with even greater melting points
than Al2O3 can be levitation melted in hyperbaric conditions (note:
as temperatures increase further above 2000 ○C, radiative heat losses
are expected to dominate over convective heat losses, such that
increased convective heat losses at elevated pressures may become
negligible).

V. CONCLUSIONS
A hyperbaric aerodynamic levitator for containerless materials

research has been designed and tested. The instrument operates at
ambient pressures up to 10.3 MPa and can attain specimen temper-
atures greater than 2100 ○C, depending on material characteristics.
Preliminary evaluations of hyperbaric aerodynamic levitation phe-
nomena indicate stable levitation can be attained across a wide range
of flow rates and pressures. For the nozzle configuration tested,
two stable levitation regimes were observed for lightweight speci-
mens that are speculated to be associated with a change in turbulent
wake structure. Additional simulation and experimentation are rec-
ommended to better understand the effects of flow turbulence on
levitation stability.

Output laser power necessary to melt specimens at ele-
vated pressures increased due to enhanced convective heat trans-
fer with increasing fluid density; however, the magnitude was
modest—∼60 W additional output laser power in going from atmo-
spheric pressure to 10.3 MPa flowing nitrogen necessary to melt a
3.000 mm Al2O3 sphere. The results demonstrate that hyperbaric
aerodynamic levitation is a promising technique for containerless
materials research at high gas pressures.

The continued development of hyperbaric aerodynamic levi-
tation is anticipated to enable previously unfeasible experiments.
Future levitator designs compatible with high energy x-ray syn-
chrotron beamlines will support in situ measurements of the struc-
tural chemistry of materials that would otherwise vaporize too
quickly at high temperatures under atmospheric pressure. By sup-
pressing volatilization rates, hyperbaric levitation may better pre-
serve the complex chemistry of technologically important mul-
ticomponent systems, such as high entropy materials. Levitation
under high reactive gas pressures also creates the possibility of
extended redox regimes that may find applications in network
glasses and functional ceramics whose properties are sensitive to
oxidation states and point defect populations.
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NOMENCLATURE

A momentum flux constant
Cd drag coefficient
cp heat capacity
D diameter of nozzle
d diameter of sphere
Fr Froude number
g standard acceleration due to gravity
h convective heat transfer coefficient
Q volumetric flow rate
v velocity
Z/d relative levitation height
β cone angle of the nozzle
ε emissivity
ρ density of fluid
ρs density of sphere
σ Stefan–Boltzmann constant
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